Let A be an associative ring with left minimum condition and identity. The length, c(M) , of a (left) A-module M with composition series is the number of composition factors of M. Let g(d) denote the number of nonisomorphic indecomposable A-modules which have length d, d a nonnegative integer. If ^ g(d) < oo, A is said to be of finite module type. If there exists an integer n such that g{d) -0 for all d > n, A is of bounded module type. If not of bounded module type, A is of unbounded module type. If for each integer n, there exists d > n such that g(d) = oo 9 A is of strongly unbounded module type. R. Brauer, J. P. Jans, and R. M. Thrall have conjectured that infinite algebras of unbounded type are of strongly unbounded type, and that algebras of bounded type are of finite type [4] . A discussion of the state of these conjectures may be found in [2] and [4] .
J. P. Jans has given sufficient conditions that a finite dimensional algebra over an algebraically closed field be of strongly unbounded type [4] . Through extension and modification of the techniques used 24 R. R. COLBY by Jans and by H. Tachikawa [6] , some of these results can be obtained for arbitrary rings with minimum condition, provided that the endomorphism rings of the simple ^.-modules have infinite centers.
2. Rings with infinite ideal lattices. Let A be a ring with left minimum condition with the property that the lattice of ideals of A is infinite. H. Tachikawa showed that A is of unbounded type [6] . Iί A is also a finite dimensional algebxa ovex an algebraically closed field, A is of strongly unbounded type [4] . The following theorem generalizes these results. Proof. Since the ideal lattice of A is infinite, the lattice contains a protective root [1] .
Since A/J5-modules are ^-modules, we can assume that B=0. Also, there exists an A -A isomorphism ψ . B^ B 2 . Let N denote the radical of A and define M=l(N)Πr(N).
Since B Proof. We may assume that αeeAe, 6 e fAf. Since Bj. Γ\ β 2 = 0, we have λw = bμv and ^α = bu. Since v = ^(^), va = 6^ so that λίw = δ^v. Thus, since fAf/fNf is a division ring, λ& = bμ (mod fNf) = μ& (mod fNf). Since λ ^ μ (mod fNf) 9 6 = 0 (mod fNf). Since v e Jlf, the lemma follows. Let Hi = X /Γλ and S^ = ΓVΓJ. Since the length of Tl is w, the length of St^2n -n = n.
We proceed to show that Hi and H% are not isomorphic, provided X Φ μ e A. Suppose θ: Hi ~ Hi. Since X n is protective [3] , there exists θ; X n -> X n such that /97Γ λ = πβ, where π λ1 π μ are the natural projections of X n onto Hi, JEZj ί, respectively. There exist ^, , x n e eAe, such that Since π λ ε % s(λ) = 0, and ^τr λ = π^θ, we have π μ θe n s(X) = 0 and hence ίε n s(λ) e Γ;. Thus, " e 4 (β(λ)a? 4 ) = θε n s(X) e Tl .
According to the definition of Γj, there exist α 0 = 0, a u , a n e A, such that
Using an induction and Lemma 1, we conclude that x u , x n eeNe, and hence
This contradicts the assumption that θ is an isomorphism.
Next, suppose that Hi decomposes. Let η be the idempotent endomorphism of Hi associated with an indecomposable direct summand of Hi such that ηπ λ e n (v) Φ 0. Proof. It is sufficient to show that, if the ideal lattice of A is distributive, A is generalized uni-serial (see [5] ). Let e be a primitive idempotent in A and consider the lattice of submodules of Ae. Since A is commutative, these submodules are ideals in A. Suppose the lattice contains a vertex where we assume, without loss of generality, that the lattice from
, and define
Hence the ideal lattice of A contains the protective root U + which contradicts the assumption that the lattice is distributive. Thus, A is generalized uni-serial and of finite type. Si. 
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There exist primitive idempotents
Hi -X /ΓJ , and si = y/r*.
Since the composition length of ! T£ is equal to An and the composition length of Y n is greater than or equal to 8n, the composition length of Si increases without bound as n increases.
Let λ Φ μ be elements of A. We next prove that Hi and H^ are not isomorphic. Suppose Θ is an isomorphism from Hi onto H^. Since We conclude that iϊj and J3J are not isomorphic. Next, suppose that Ht decomposes and let rj be an idempotent endomorphism of Hi such that 7jπ λ (ε n (u 5 )) Φ 0. Since X is protective, η can be lifted to an endomorphism rj of X n .
There exist y {j e eAe such that yj{e ά {e)) = Σ?=i s»(2/ij). These results imply Ό (mod eNe) , if ί < j, or j ^ n < i , e (mod eiVβ) , if i = i , i-i+i.i (mod eiVe) , if i < i ^ w, or n < j < i .
We shall now show that the restriction of η to Si is a monomorphism and that η(Sl) -Si. Suppose that x e Y n is such that π λ (s) is an element of the kernel of 7) 9 We have ηπ κ {x) = π λ yj{x) = 0, and so η{x) G Tl . Hence, π λ (x) -0, and the restriction of η to Si is a monomorphism. The proof can now be completed as in § 1.
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